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Abstract

Neutron di�raction data have been collected from
powders of lead magnesium niobate (PMN) at 300
and 10K, following their synthesis in an optimised
two-step reaction. Subsequent Rietveld re®nement
indicates that macroscopic rhombohedral symmetry
is obtained at both temperatures. Moreover, the
existence of a polar structure at room temperature
has been independently con®rmed by second harmo-
nic generation measurements. The derived crystal
structures indicate R3m and R3c symmetry at 300
and 10K, respectively. The signi®cance of these
results for an understanding of the mechanism of
relaxor ferroelectricity in PMN is discussed.# 1999
Elsevier Science Limited. All rights reserved
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1 Introduction

Lead magnesium niobate, Pb(Mg0�33Nb0�67)O3

(PMN), belongs to a class of complex Pb(B0B00)O3

perovskites known as ferroelectric relaxors. First
discovered in 1958,1 this compound exhibits both a
di�use maximum in the variation of relative per-
mittivity with temperature and a strong frequency
dispersion, with T("r;max) lying in the range 253±
263K at 100Hz. Furthermore, X-ray, neutron,
electron di�raction and HRTEM studies of pure
PMN ceramics have revealed compositional and
structural heterogeneities.2,3 The di�use scattering

observed in X-ray and neutron di�raction patterns
may be assigned to the existence of polar regions
dispersed in the main cubic matrix,4 which result
from local correlated atomic displacements. It has
also been proposed that rhombohedral nanodo-
mains, in which the Mg2+ and Nb5+ cations are
1:1 ordered in the B site of the perovskite struc-
ture5,6 nucleate, on cooling, at about 600K.7 Sub-
sequent growth to sizes of the order of 100AÊ has
also been observed at temperatures below 160K.8

Many attempts have been made to explain the
typical relaxor dielectric response of PMN.9±14 The
heterogeneous microregion model,9 which is gen-
erally accepted, regards the di�use phase transition
as fundamentally due to local compositional ¯uc-
tuations associated with B-site cation disorder,
these resulting in a distribution of Curie tempera-
tures. Further insight into the nature of relaxor
dielectric behaviour has been provided by the sug-
gestion that the polar microregions are analogous
to spin clusters in superparamagnetic materials.9

Moreover, a direct connection between localized B-
site cation ordering and relaxor properties has also
been proposed.10

The symmetries of the di�erent phases of PMN,
despite the generally accepted cubic symmetry at
room temperature, are still under debate,12±14 with
the crystal chemistry now regarded as more compli-
cated than formerly anticipated.15±20 In particular,
ambiguity over the symmetry of PMN at room tem-
perature persists. Whereas this is generally regar-
ded as cubic,1±3 speculation over lower symmetry
alternatives remains, with orthorhombic symmetry
proposed in a recent structural re®nement.16

That straightforward cubic symmetry should not
prevail in PMN at room temperature can be
deduced from general considerations, without
recourse to the detailed interpretation of experi-
mental results (as carried out here, for example).
First, and foremost, this temperature lies within the
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`Curie range', over which a di�use maximum in the
relative permittivity is observed. It would therefore
be illogical to suppose that, at room temperature,
all the material would be in a paraelectric state
with cubic symmetry. There are also indications
that a tendency towards rhombohedral symmetry
exists (rather than orthorhombic16). For example,
there is widespread acceptance that the solid solu-
tion system PMN±PT has rhombohedral symmetry
for PT concentrations of up to 30 to 32.5 mole per
cent,21 although the symmetry for low levels of
titanium-substitution remains unclear. This mac-
roscopic polar symmetry can be regarded as a
consequence of the Ti4+ ions forming strong
dipolar TiO6

8ÿ octahedral units, along with the
need to accommodate relatively large Mg2+ ions
through octahedral distortions allowed in rhom-
bohedral symmetry. The importance of these dis-
tortions, which are allowed in rhombohedral, but
not in orthorhombic symmetry, has also been
demonstrated in the PMN±PZ (i.e. Pb(Mg1/3
Nb2/3)O3±PbZrO3) system, where progressive sub-
stitution of the relatively large Zr4+ ion is found to
increase the temperature of maximum permittivity,
implying the stabilisation of a polar phase.22 Thus
it is reasonable to ask whether rhombohedral sym-
metry should not also exist in the parent composi-
tion, PMN, at room temperature. A secondary
question is whether this symmetry can be regarded
as macroscopic, i.e. extending throughout all parts
of the crystallites, or whether it is con®ned to polar
clusters within a matrix of cubic symmetry.
The present work utilises the techniques of neu-

tron powder di�raction/Rietveld re®nement and
second harmonic generation to address these ques-
tions. In forming a conclusion over whether rhom-
bohedral or cubic symmetry is adopted, the
argument will not depend critically on whether the
three cell parameters �, �,  obtained from the
re®nement deviate from 90�, since it is possible to
have rhombohedral symmetry with interaxial
angles which are equal to 90�, to within experi-
mental error. Attention will be focused instead on
the positional parameters of the oxygen ions, and
the extent to which these indicate (Mg,Nb)O6

octahedral distortions, which can occur in rhom-
bohedral symmetry, but not in cubic. It is the
importance of determining these oxygen ion posi-
tions which dictates the use of powder di�raction
by neutrons rather than X-rays. In general, the
latter are unable to yield precise information about
order parameters of perovskite phase transitions,
these being related mainly to tilting and distortion
of the (Mg,Nb)O6 octahedra.
Here a neutron powder di�raction study of

PMN at 300 and 10K has been carried out.
Whereas the results at 300K are clearly of more

direct interest, an examination of the structural
parameters obtained at 10K is relevant to the gen-
eral problem of identifying the true symmetry of
PMN. Since the tendency towards the formation of
polar phases is increased upon cooling, a clear,
unambiguous result of rhombohedral symmetry at
10K would lend strong support to the possibility
of this symmetry being maintained at room tem-
perature.

2 Method

Single-phase PMN powders were prepared by an
optimised two-step calcination method involving
columbite-like MgNb2O6 intermediates.23 Neutron
powder di�raction (NPD) data were collected at
the Swedish Research Reactor R2 in Studsvik, by
means of a Huber two-circle di�ractometer with an
array of 35 3He detectors. The monochromator
system used two parallel copper crystals in (220)-
mode, giving rise to a wavelength of 1.470AÊ . The
neutron ¯ux at the sample position was approxi-
mately 106 neutrons cmÿ2 sÿ1. Data were collected
at 300 and 10K from powdered samples of PMN
(approximately 5 g) loaded into a vanadium con-
tainer, with detector intensities statistically ana-
lysed and summed. Corrections for absorption
e�ects were subsequently carried out in the Riet-
veld re®nements, utilising the empirical value
�R=0.0645 cmÿ1. The step-scan covered the 2�
range 4±140� with step-size 0.05�.
Di�raction datasets were re®ned by the Rietveld

method using FULLPROF software,24 with neu-
tron scattering lengths as follows: Pb: 9.40; Mg:
5.38; Nb: 7.05; O: 5.81 fm. Di�raction peaks were
quanti®ed by a pseudo-Voigt function, with a peak
asymmetry correction applied at angles below 35�

2�. The background was described by a six para-
meter polynomial. Each structural model was
re®ned to convergence, with the best result selected
on the basis of agreement factors and stability of
the re®nement.
The Second Harmonic Generation (SHG) tech-

nique (Nd:YAG laser, re¯ection geometry, quartz
standard) was used as a sensitive and reliable
method for establishing the presence or absence of
a centre of symmetry at room temperature. Pow-
ders of particle size 4±5�m were prepared for this
purpose.

3 Results

The room-temperature X-ray di�raction pattern of
PMN powder could be readily identi®ed as due to
a perovskite-related phase with a pseudo-cubic cell
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of length ca 404 pm (Fig. 1). Inspection of the
neutron powder di�raction pattern provided no
evidence for ordering of Mg and Nb, which would
result in a doubling of the unit cell. Owing to the
absence of a (111) pseudo-cubic peak (referred to
doubled axes), models based on ordered B-cation
distributions were not considered further.

Rietveld re®nements of the neutron di�raction
data indicated a single phase with nominal cationic
and anionic stoichiometry (to within 1%) (Fig. 2).
The room temperature NPD data for PMN were
initially re®ned in s.g. Pm3m with idealized coor-
dinates. The ®nal agreement factors obtained in the
re®nement were Rp=5.10, Rwp=6.74, Rexp=3.87,

Fig. 2. Rietveld pro®le-®tting for a disordered model for PMN at 300K.

Fig. 1. XRD pattern of the PMN powder.
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RB=6.04, together with a large, but stable value of
the Biso thermal parameter of the Pb cation, 3.98(6)
AÊ 2. This indicates signi®cant average displacements
of Pb ions from their equilibrium positions. Simi-
larly large Biso-values obtained for other lead-con-
taining perovskites [e.g. PbTiO3, PbZrO3,
Pb(Co,W)O3, Pb(Sc,Nb)O3 and Pb(Fe,Ta)O3] have
been interpreted as due to a lack of long range
order or to the presence of either static disorder/
short range order.25±27

Five structural models were subsequently tested,
with the Pb cation distributed over the 6 (x00), 8
(xxx), 12 (xxo), 24 (xxz) or 48 (xyz) equivalent
positions around the origin of the cubic cell. All
models with Pb on (x00), (xxz) or (xyz) sites gave
oscillatory or ill-conditioned re®nements, and
failed to converge. By comparison, structural
models with the lead ion occupying positions
(xxx) and (xx0) re®ned successfully, leading both
to small shifts of the cation from the origin and to
a signi®cant reduction in the Biso thermal para-
meter. However, correlations between the dis-
placements and thermal parameters of lead ions
were observed. Although reductions in the R-fac-
tors were also obtained, these improvements
were regarded as physically insigni®cant, since,
in general, any increase in the number of
parameters in the least squares ®tting would give
rise to reductions of this kind. A similar proce-
dure was applied to the Mg/Nb and O ions,
before ®nally re®ning all atomic shifts simulta-
neously. The results of this re®nement are given in
Table 1.
A more detailed analysis of the powder pattern

indicated some additional features which were
incompatible with cubic symmetry. Pro®le ®tting
of the pseudo-cubic (222) re¯ection showed a
unexpected, clearly recognizable shoulder (Fig. 3),
suggesting that a decomposition of the initial pro-
®le into two rhombohedral peaks, (222)R and
(ÿ222)R would be appropriate. Further support for

this option was provided by the SHG tests, where
the I(2!):I(2!)SiO2

ratio obtained was 3.9(1). Since
the threshold value of this ratio between centro-
and non-centrosymmetric crystals is 0.01, a strong
indication was thereby given of the lack of a centre
of symmetry.
The NPD pattern of PMN at 300K was re®ned

in space groups R3m and R3c (referred to hex-
agonal axes). Mg and Nb were assumed to occupy
the B sites randomly in a 1:2 ratio. No extra peaks
or additional splitting of the main re¯ections were
observed. The re®ned atomic positions, isotropic
temperature factors, occupancy factors and agree-
ment indices for PMN at 300K are given in
Table 2. It is to be noted that the R-factors for the
R3c model are slightly greater than for R3m. The
models used in the re®nement assumed full occu-
pancy of all sites. Moreover, attempts to re®ne site
occupancy factors did not lead to signi®cantly
improved agreement indices. The quality of the ®t
for the R3m model is shown in Fig. 4.
For all the models investigated, a comparison of

observed and calculated di�raction pro®les indi-
cated that good ®ts were consistently obtained for
re¯ections with (hkl) indices of the same parity.
Conversely, some discrepancies connected with
widening of peak-bases (di�use scattering) were
observed for peaks with indices with di�erent
parities (particularly with two odd indices), as has
been observed previously.11

In accordance with a structural model proposed
earlier,16 attempts were also made to re®ne a
structural model in space groups Pnma and
Cmcm from our data. However, these re®nements
did not lead to polar structures, this being at var-
iance with SHG results. Additional support for
rhombohedral symmetry in PMN has been pro-
vided by precision Raman spectra.28,29 Experi-
mental evidence for this symmetry has also been
gained from poled PMN and 0.9 (PMN)±0.1 (PT)
ceramics.30±33

Table 1. Re®ned cubic structural parameters for (xx0) and
(xxx) displacements of Pb ions at 300K

Space group Pm3m, lattice parameter: 4.0385 (1)AÊ Rp=5.06,
Rwp=6.66, Rexp=3.87, RB=5.79

Atom x y z B (AÊ2)

Pb 0.0540 (26) 0.0540 (26) 0 1.12 (4)
Mg/Nb 0.4921 (19) 0.4921 (19) 0.4921 (19) 0.18 (2)
O 0.5264 (23) 0.5264 (23) ÿ0.0079 (27) 1.49 (5)

Space group Pm3m, lattice parameter: 4.0385 (1)AÊ

Rp=4.92, Rwp=6.48, Rexp=3.87, RB=5.51

Atom x y z B (AÊ2)

Pb 0.0451 (28) 0.0451 (28) 0.0451 (28) 0.96 (3)
Mg/Nb 0.4891 (16) 0.4891 (16) 0.4891 (16) 0.22 (2)
O 0.5303 (21) 0.5303 (21) ÿ0.0053 (29) 1.36 (4)

Table 2. Alternative rhombohedral structures of PMN at
300K

Space group R3m. Cell parameters (AÊ ): a=5.7104 (1),
c=6.9960 (1) Rp=4.60, Rwp=6.13, Rexp=3.86, RB=4.57

Atom x y z B (AÊ2)

Pb 0 0 0 2.26 (8)
Mg/Nb 0 0 0.4920 (18) 0.61 (3)
O 0.1721 (11) ÿ0.1721 (11) 0.3394 (14) 1.44 (5)

Space group R3c. Cell parameters: a=5.7103 (1) AÊ ,
c=13.9956 (2) AÊ Rp=4.84, Rwp=6.41, Rexp=3.86, RB=5.35

Atom x y z B (AÊ2)

Pb 0.3333 0.6667 0.4170 (13) 2.31 (6)
Mg/Nb 0 0 1/2 0.56 (2)
O 0.1758 (16) 0.3416 (14) 0.5784 (11) 1.46 (4)
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Fig. 3. Pro®le ®tting of the pseudo-cubic (222) re¯ection (a) by a single pseudo-Voigt pro®le; and (b) by two pseudo-Voigt pro®les
(as would be necessary for rhombohedral symmetry). The improvement in the ®tting with two pro®les is quanti®ed by the para-
meter Rp=100 � j yoi ÿ yci j =� j yoi j, where yoi and yci refer to observed and calculated intensities at experimental points i, which

are marked by crosses. Rp is equal to 0.033 cps for (a) and 0.018 for (b).
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Having established that rhombohedral symmetry
was appropriate at 300K, re®nement into space
groups R3m and R3c was carried out from the low
temperature (i.e. 10K) neutron data, with the ®ts
shown in Figs 5 and 6. The calculated atomic
coordinates and isotropic temperature factors are
listed in Table 3.

4 Discussion

Three essential issues arise from the results: (i)
whether rhombohedral or cubic symmetry applies
at 300K; (ii) given the evidence in favour of rhom-
bohedral symmetry, which of R3m or R3c sym-
metry is appropriate at both 300 and 10K; and

Fig. 4. Rietveld pro®le-®tting for the rhombohedral R3m structure at 300K.

Fig. 5. Rietveld pro®le-®tting for the rhombohedral R3m structure at 10K.
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(iii) the nature of the coordination of the lead ion
in PMN.
As has been set out in the Introduction, the posi-

tional parameters of the oxygen ions are of overriding
importance in dealing with the ®rst question. If the
symmetry were cubic, the oxygen parameters with
hexagonal axes would be x=0.1667; y=ÿ0.1667;
z=0.3333, where the origin of the cell is de®ned by
the Pb-ion position. It is seen from our results in
Table 2 that the oxygen parameters deviate from
these values by (�x, �y, �z)=(0.0054, ÿ0.0054,
0.0061), all these being at least 4 times greater than
the respective standard deviations. Thus there is
strong evidence for the symmetry being rhombohe-
dral. Additional evidence is provided by the Mg/Nb
z-coordinate, which, at z=0.4920, also deviates from
the cubic value of 0.5000 by more than four standard

deviations. Furthermore, the cell parameters
obtained suggest that rhombohedral symmetry is
appropriate, since the c/a-ratio, at 6.9960/5.7104
(=1.22513) deviates from the ratio for cubic sym-
metry of

p
3/
p
2 (=1.22474). This still holds for

values of c/a at one standard deviation away from
the quoted values, i.e. c1�=a1�=6�9959/5�7105=
1�22509. Finally, the SHG results support polar sym-
metry rather than an unpolar, cubic alternative.
In connection with the second question, it is

appropriate to compare the high- and low-tem-
perature structures in both symmetries in terms of
the crystal-chemical framework proposed earlier
for rhombohedral perovskites.34±36 As discussed
recently,37 R3c structures have six degrees of free-
dom, compared to ®ve in R3m. The extra structural
parameter in R3c allows there to be a non-zero
octahedral tilt angle, ! (Table 4). TheR3m structure
is the preferable model for the room temperature
di�raction data, since lower Rp and Rwp factors are
obtained, despite there being one fewer parameter
against which the re®nement can be carried out.
Conversely, the R3c structure appears to be more
appropriate at 10K: whereas Rp and Rwp are practi-
cally identical, RB is smaller for R3c than for R3m.
Although caution should be exercised is basing

the argument solely on a consideration of R-fac-
tors, particularly since R3c has one more para-
meter in the re®nement, a crystal-chemical analysis
of the four structural solutions is also supportive of
R3c symmetry at 10K. A consideration of Table 4
reveals that a change from R3m to R3c symmetry

Fig. 6. Rietveld pro®le-®tting for the rhombohedral R3c structure at 10K.

Table 3. Alternative rhombohedral structures of PMN at 10K

Space group: R3m, a=5.7069 (1) AÊ , c=6.9911 (1) AÊ ,
Rp=5.42, Rwp=7.24, Rexp=4.05, RB=5.91

Atom x y z B (AÊ2)

Pb 0.0000 0.0000 0.0000 2.08 (3)
Mg/Nb 0 0 0.4951 (17) 0.14 (2)
O 0.1726 (12) ÿ0.1726 (12) 0.3506 (18) 1.17 (3)

Space group: R3c, a=5.7068 (1) AÊ , c=13.9824 (1) AÊ ,
Rp=5.46, Rwp=7.30, Rexp=4.05, RB=5.44

Atom x y z B (AÊ2)

Pb 0.3333 0.6667 0.415 (13) 2.27 (4)
Mg/Nb 0 0 1/2 0.14 (2)
O 0.1772 (12) 0.3453 (11) 0.5728 (16) 1.01 (3)
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upon cooling from 300 to 10K permits a reduction
in the PbO12 polyhedral volume (as is normally the
case on cooling), whilst the BO6 polyhedral volume
(B�(Mg1/3Nb2/3) can remain approximately con-
stant. This is not possible in R3m, where the octa-
hedral tilt angle of zero constrains the PbO12:BO6

polyhedral volume-ratio to be ®xed at 5.
It is also seen in Table 4 that the values of four of

the structural parameters, i.e. �s, �, �zPb and
�zMg/Nb, are relatively invariant between the R3m
and R3c solutions at a given temperature. This
observation provides solid support for the exis-
tence of rhombohedral symmetry at both tempera-
tures, with increases in both octahedral distortion
and cationic displacements occurring on cooling.
A discussion of the third issue, i.e. the coordina-

tion of the lead ion in PMN is prompted by the con-
sistently large isotropic temperature factors, Biso,
obtained for the lead ions in all rhombohedral
structures (Table 2 and Table 3). However, a literal
interpretation, that the lead ions have large vibra-
tional amplitudes is unlikely to be the underlying
cause of these results. It is more likely that there is
positional disorder of the lead ions, such that the
vector sum of all components of the lead ion dis-
placements perpendicular to the trigonal axis is zero.
In this connection, it is pertinent to note that recent
neutron di�raction studies of rhombohedral PZT
(PbZr1ÿxTixO3; 0.08�x�0.33) have also highlighted
di�culties in representing the positions of the lead
ion by a straightforward displacement parallel to the
trigonal axis.38 In terms of pseudocubic axes, more
satisfactory Rietveld re®nements were obtained by
combining [111]p shifts with displacements averaged
over [100]p, [010]p and [001]p directions. Such dis-
placements would allow the lead ions to be coordi-
nated more closely with three symmetrically
equivalent triangular faces of their O12 coordination
polyhedron, such a geometry being consistent with
the generally perceived covalent bonding require-
ments of the lead ion. In qualitative terms, such a
geometry would permit optimised directional bond-
ing consistent with sp3 hybridisation, whilst at the
same time permitting the 6s2 lone pair on the lead ion
to be directed away from the repulsive oxygen ions
constituting the coordination polyhedron.
Work is currently in progress on these issues,

since they will have a direct bearing on the under-

lying mechanism of ferroelectricity in lead-based
relaxors. In this connection, it has already been
argued that the lead ions play an essential roÃ le in
promoting coupling between octahedral dipole
moments in relaxors.39

Apart from these speci®c questions, the existence of
a macroscopic rhombohedral symmetry in PMN at
room temperature is of considerable signi®cance.
Until now, di�raction work on PMN has indicated
macroscopic rhombohedral symmetry only when a
high electric ®eld is applied at low temperatures,
whereas in the absence of a ®eld at low temperatures,
rhombohedral symmetry has been considered to exist
merely within local microregions in a cubic matrix.
Moreover, at room temperature the PMN crystallites
are at a temperature above the Curie maximum.
Although it has been speculated that compositional
microregions could have local, polar rhombohedral
symmetry characterised by a unique type of octahe-
dral distortion,22 macroscopic rhombohedral sym-
metry has, until now, been nomore than a possibility
requiring experimental veri®cation.40,41

Also relevant is the ®nding that, in all the re®ne-
ments, it was impossible to distinguish between Mg
and Nb displacements. This implies that, despite
these ions having di�erent ionic radii, they both
have similar o�-centre shifts, �zMg/Nb (Table 4).
Since, as previously argued, larger ions such asMg2+

(and Zr4+ in Pb(Mg1/3Nb2/3)O3±PbZrO3) promote
rhombohedral symmetry, the relaxor properties of
PMN are consistent with the notion that the MgO6

octahedra are unable to give rise to large dipole
moments. Conversely, the Nb5+ ions form large
dipole moments, due to their high charges and
relatively oversized oxygen octahedra. Thus, as has
been proposed earlier,37 a natural clustering into
niobium-rich microregions can occur through the
random occupation of B-sites by Nb5+ and Mg2+

ions. The results here suggest that the lattice itself
is rhombohedral at temperatures up to 300K, and
not cubic, as is generally maintained.

5 Conclusion

Neutron di�raction studies have provided evidence
for macroscopic rhombohedral symmetry in lead
magnesium niobate at both 300 and 10K.

Table 4. Crystal structural parameters of the four rhombohedral structures of PMN, utilising the following parameters: VPb:PbO12

polyhedral volume; VMg/Nb:MgO6 polyhedral volume; As: octahedral distortion perendicular to trigonal axis; n: octahedral elon-
gation parallel to trigonal axis; �zPb, �zMg/Nb, displacements of Pb and Mg/Nb ions parallel to trigonal axis

Structure VPb (AÊ
3) VMg/Nb (AÊ3) VPb/VMg/Nb �s (pm) Z �zPb (pm) �zMg/Nb (pm) o (�)

R3m (300K) 54.8796 10.9753 5 9.31 1.00031 4.24 9.84 0
R3m (10K) 54.7740 10.9548 5 10.16 1.00022 12.10 15.53 0
R3c (300K) 54.8885 10.9817 4.9982 7.08 1.00046 7.36 6.91 0.9929
R3c (10K) 54.7701 10.9572 4.9985 10.24 1.00016 12.40 14.73 0.9042
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